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Added in proof. Since the initial posting of this work, the following progress was
made on some of the issues that are discussed herein. Conjecture 10 is proved in the
forthcoming article [26] in the special case whenK �Rn is an origin-symmetric con-
vex polytope that hasO.n/ faces. The forthcoming article [123] proves Conjecture 10
when K � Mn.R/ is the unit ball of the unitary ideal SE of any 1-symmetric normed
space E D .Rn; k � kE/; consequently, Lemma 54 and Proposition 55 hold with all
of the logarithmic factors that appear in them replaced by universal constants. The
forthcoming work [54] builds on the results herein while adding multiple innovations
and ideas to obtain several new results. These include the estimate e.X/ & 4

p
dim.X/

for every normed space X, which is an improvement over the value of the universal
constant c that we obtained in the proof of Theorem 1. Conjecture 134 is resolved
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(negatively) in [54], where it is proved that econv.M/ . e.M/2 for every Polish met-
ric space .M; dM/. It is also proved in [54] that e.`n2;N/ �

4
p
n for any 1-net N

of `n2 and e.`n2;Z
n/ � 6

p
n; both of these asymptotic evaluations of Lipschitz exten-

sion moduli answer questions that were posed in the precursor [227] of the present
work. Finally, the lower order factor in the main result of [231] is removed in [54],
thus showing that an old Lipschitz almost-extension result of Bourgain [46] is sharp
up to universal constant factors. Beyond the aforementioned examples of statements
from [54], multiple other new results on Lipschitz extension and separation mod-
uli are obtained in [54]. The discussion in Remark 41 (more generally, the role that
canonically positioned norms play herein), evolved (very substantially) to the forth-
coming work [56] which investigates the question of when is it possible to construct
a norm with prescribed group of isometries; as demonstrated in [56], it turns out that
the answer to this old inverse problem is quite subtle.


