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Abstract. This corrigendum corrects the statement of Theorem 2.6 in [J. Eur. Math. Soc. (JEMS)
27, 3313–3367 (2025)], and also corrects some proofs which are not affect the conclusion.
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In [1], Theorems 3.1 and 3.2 are correct, but the statement of Theorem 2.6 directly derived
from these two theorems is incorrect. We modify the statement of Theorem 2.6 in [1] as
follows.

Theorem 1 (Replacement for Theorem 2.6 in [1]). Assume that 0 � f 0.u�/ < f 0.uC/
holds. Suppose that u0.x; y/� r0 2 L

2.R2
C/\L

1.R2
C/ and ru0 2 H

2.R2
C/, then there

exists a positive constant ı0 such that if

ku0.x; y/ � r0kL2.R2
C

/ C kru0kH 2.R2
C

/ C juC � u�j � ı0;

then the initial-boundary value problem .1:1/–.1:8/ in [1] has a unique global solution
.u.x; y; t/; q.x; y; t// which satisfies8̂̂<̂

:̂
u � r 2 C 0.Œ0;1/IL2.R2

C//;

ru 2 C 0.Œ0;1/IH 2.R2
C// \ L

2.0;1IH 2.R2
C//;

q; div q 2 C 0.Œ0;1/IH 3.R2
C// \ L

2.0;1IH 3.R2
C//;
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and
sup

.x;y/2R2
C

ju.x; y; t/ � r.x; t/j ! 0 as t !1;

sup
.x;y/2R2

C

jq.x; y; t/C rx.x; t/j ! 0 as t !1:

There are still some errors in the proof of [1], but these errors do not affect the con-
clusion. We make corrections as follows:

(1) Replace equation (2.3) in [1] with´
zwt C zw zwx D zwxx ; x 2 R; t � �t0;

zw.x;�t0/ D w
R
0 .x/; x 2 R;

where t0 > 0 is a sufficiently small constant.

(2) In Lemma 2.2 of [1], replace “(iii) kwi .t/ � r.t/kLp.R/ � C.1C t /
� 1

2C
1

2p ” by

“(iii) kwi .t/ � r.t C t0/kLp.R/ � C.1C t /
� 1

2C
1

2p for 1 < p � C1”.

And in Lemma 2.3 of [1], replace “(ii) kzu.t/ � r.t/kLp.R/ � C.1C t /
� 1

2C
1

2p ” by

“(ii) kzu.t/ � r.t C t0/kLp.R/ � C.1C t /
� 1

2C
1

2p for 1 < p � C1”.

(3) The inequality for estimating of pt below (3.117) in [1] does not always hold true
because p1xtp2yt � 0may not always hold true. We use the following method instead
of the original method to estimate it. Integrating (3.117) over R2

C, we get“
R2

C

.divpxt /
2 dxdy C

“
R2

C

p2
1t dxdy C 2

“
R2

C

.p2
1xt C p

2
1yt / dxdy

D

“
R2

C

v2
xt dxdy;

where we have used the fact that

p1y D p2x ; divpt .0; y; t/ D 0; p2.0; y; t/ D 0

and

�2p1xtp2yt D �¹2p1xtp2tºy C ¹2p1ytp2tºx � 2p1ytp2xt

D �¹2p1xtp2tºy C ¹2p1ytp2tºx � 2p
2
1yt :

Similarly, in the proof of Lemma 3.37 of [1], the inequalities used to get the L2-
estimates of p2xyy and p2yyy do not always hold true. We use the following method
instead of the original one to estimate them. We can get from @2

y(3.89)2 that

.divpyyy/
2
C p2

2yy C 2p
2
2yyy � 2¹divpyyp2yyºy D v

2
yyy � 2p1xyyp2yyy : (1)
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Integrating (1) over R2
C, using p1y D p2x , p2.0; y; t/ D 0 and

�2p1xyyp2yyy D �¹2p1xyyp2yyºy C ¹2p1yyyp2yyºx � 2p
2
2xyy ;

we deduce that“
R2

C

.divpyyy/
2 dxdy C

“
R2

C

p2
2yy dxdy C 2

“
R2

C

.p2
2xyy C p

2
2yyy/ dxdy

D

“
R2

C

v2
yyy dxdy � CM 2

0 ;

which completes the L2-estimates of p2xyy and p2yyy .
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